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Aatu Koskensilta <aatu.koskensilta@xortec.fi> writes:
 : GÃ¶del's completeness theorem does apply to
 : infinite sets of axioms and derivations from them.

Finite derivations, yes.

 : In particular,
 : the deductive closure of a set of axioms A is exactly the set D of
 : its logical consequences.

Right, but that sort of implicates compactness:
if it's a logical consequence of any axiom−set,
then it's a logical consequence of a finite subset
of that axiom−set, because it's being a logical consequence
of something entails its having a proof from that something,
and since that proof has to be finite, the subclass of
axioms−from−the−original−set that the proof can get around
to "using" ALSO has to be finite.

 : This doesn't imply that the deductive
 : closure of any consistent set of axiom is complete in the sense
 : that for every sentence A, either A is in the deductive closure or
 : the negation of A is. Some are and some are not, but this has
 : nothing to do with the completeness theorem.

Right, but is the frequency with which this confuses people
ever going to be enough to motivate anybody to change the term?
I mean, who does Godel think he is, to have BOTH completeness
AND (not just one but two!) incompleteness theorems, for the SAME
(first−order) logic?? Semantic incompleteness arguably needs to
be called something else. If the completeness theorem is going to
continue to be called the completeness theorem, then the incompleteness
theorems ought to be renamed the "undecidability" theorems (or SOMEthing,
ANYthing other than "incompleteness"), implying that sufficiently rich
axiom−sets must allow sentences that the axioms do not (deductively,
EVEN though the relevant deductive calculus IS "complete") decide.
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−− 
 −−− The history of our nation has demonstrated that separate is seldom, if ever, equal.
 −−− (Feb.3,2004) Supreme Judicial Court of Massachusetts (4−3), adv.Sen.#2175
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